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a b s t r a c t

In this study, multicomponent mass diffusion models, namely the Stefan–Maxwell model (SMM), the
Dusty Gas model (DGM) and the Binary Friction model (BFM) have been compared in terms of their predic-
tive capabilities of the concentration polarization of an anode supported solid oxide fuel cell (SOFC) anode.
The results show that other than the pore diameter, current density and concentration of reactants, which
have a high importance in concentration polarization predictions, the tortuosity (or porosity/tortuosity)
term, has a substantial effect on the model predictions. Contrary to the previous discussions in the lit-
eywords:
ulticomponent mass transport

olid oxide fuel cell
tefan–Maxwell model
usty Gas model
inary Friction model
odeling

erature, for the fitted value of tortuosities, SMM and DGM predictions are similar, even for an average
pore radius as small as 2.6e−07 and current density as high as 1.5 A cm−2. Also it is shown that the BFM
predictions are similar to DGM for the case investigated in this study. Moreover, in this study, the effect of
the pressure gradient term in the DGM and the BFM has been investigated by including and excluding this
term from the model equations. It is shown that for the case investigated and model assumptions used
in this study, the terms including the pressure coefficient have an insignificant effect on the predictions
of both DGM and BFM and therefore they can be neglected.
. Introduction

SOFC is a high temperature fuel cell which operates at a temper-
ture between 500 and 1000 ◦C. This relatively high temperature is
equired as the conductance of the YSZ electrolyte increases at ele-
ated temperatures. In recent years, attention on the intermediate
emperature SOFCs that operate at a temperature less than 800 ◦C,
ncreases mainly due to their advantages, such as the requirement
f low cost materials, reduced thermal stresses and increased reli-
bility. In this type of fuel cell, a thin electrolyte (5–20 �m [1]) is
sed to overcome the overpotential due to the reduced temper-
ture. On the other hand, to make the cell mechanically stable,
thick anode or cathode support is required. However, this will

esult in an increase in the concentration overpotential due to the

ifficulties in the diffusion of reactants to the reaction site of the
ell. Anode supported designs are more popular compared to the
athode supported design, and this is mainly due to the anode
inary diffusion coefficients DH2−H2O being about four times that
f the cathode counterpart, DO2−N2 . Hence the cathode would have
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a much larger concentration polarization than that of the anode for
a similar thickness, porosity and the tortuosity [1].

The ordinary and the Knudsen diffusion are the two types of
diffusion that generally dominate in porous medium. In ordinary
diffusion, molecule–molecule interactions are important, while for
the Knudsen diffusion the wall–molecule collision dominates and
molecule–molecule collisions are ignored. In real cases, diffusion is
probably in an intermediate state between these two limiting cases
[2]. The usual approximate criterion for Knudsen diffusion is that
the mean free path of the gas molecules (�) be much larger than
some characteristic dimension of the apparatus (H) (the pore diam-
eter in the case of porous media), and for normal diffusion that the
mean free path be smaller than the characteristic apparatus dimen-
sion, i.e. Kn = �/H. Based on the value of Kn, transport phenomena
in general can be classified into the continuum (0 < Kn < 0.001),
slip (0.001 < Kn < 0.1), transition (0.1 < Kn < 10) and free-molecular
(Kn > 10) regimes [3]. In a SOFC, the value of � typically lies in the
range 0.1–1 �m. In comparison, the pore diameter, d, is of the order
of 2 �m or greater in the support material and 1 �m or less in the
anode and catalyst layers. This means that both the Knudsen and
molecular diffusion play an important role and the flow is in the

transition region [4].

There are different multicomponent diffusion models in the
chemical engineering literature, e.g. the SMM, DGM, BFM, etc. The
Ficks model (FM) which is the oldest approach to predict the diffu-
sion however is applicable for binary mixtures or dilute solutions

http://www.sciencedirect.com/science/journal/03787753
http://www.elsevier.com/locate/jpowsour
mailto:pmyv@leeds.ac.uk
dx.doi.org/10.1016/j.jpowsour.2010.01.033
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Nomenclature

Ni molar flux of species i (mol m−2 s−1)
Ji molar diffusion flux of species i (mol m−2 s−1)
xi molar fractions of components i
NT total molar flux of species i (mol m−2 s−1)
ci molar density of species i (mol m−3)
cT total concentration of gas mixture (kg m−3)
xi molar fractions of components i
Dij binary diffusion coefficient (m2 s−1)
f BFM
im

wall friction coefficient of the BFM
Kp channel permeability (m2)
�i coefficient as a function of the partial viscosity and

partial pressure (s)
�conc concentration polarization
ε porosity
� tortuosity
�2 tortuosity factor
T temperature (K)
P pressure (Pa)
Pi partial pressure of species i (Pa)
r average pore radius (m)
R universal gas constant (=8.314) (J mol−1 K−1)
C constant (=1.03 × 10−2)
T temperature (K)
Vi molecular diffusion volumes of species i
Di,Kn Knudsen diffusion coefficient of species i (m2 s−1)
Mi molar weight of species i (kg mol−1)
Bo intrinsic permeability (m2)
�0

i
pure-component viscosity of component i (�P)

� hard sphere diameter (A0)
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was also used by Suwawarangkul et al. [9] and it is initially used in
�v temperature dependent collision integral

nd not for multicomponent mixtures. Therefore it is not discussed
urther in this study. The SMM takes into account the interaction
mong the molecules through the collision of the molecules with
ach other. DGM, which is also called as the extended SMM in the
iterature, takes into account the Knudsen diffusion, which is an
mportant phenomenon especially in a medium consisting of small
ores. In recent years, Kerkhof [5] criticized the DGM and argued
hat the addition of a viscous flux to the friction equations, as per-
ormed in the DGM, is erroneous because the viscous friction has
lready been accounted for in the equations before the addition [5].
ased on the discussion, he derived a new multicomponent model,
amely the BFM. The other difference between the BFM and the
GM is the inclusion of the diffusive slip as well as the viscous

lip phenomena (see [5,6]). The computational requirement for the
FM is much more extensive than the DGM, and that of the DGM is
ore demanding than the SMM. In recent years, in the fuel cell liter-

ture, BFM also gained increasingly more attention and this work
as modified and extended for fuel cells by Young and Todd [7]

nd Fimrite et al. [8]. However, there is still no extensive research
hat shows the advantages of the BFM over the DGM in comparison
ith the experimental data in porous medium. It is still an open

uestion as to which multicomponent mass transfer model to use
o accurately predict the multicomponent diffusion in the porous
lectrodes as well as in the gas channels of fuel cells.

Suwawarangkul et al. [9] compared the modified FM, SMM and
he DGM for their predictive capabilities of the models in terms

f their prediction of the concentration overpotential for an anode
upported planar type SOFC anode for the binary CO–CO2 and the
ernary H2–H2O–Ar components. They compared the models using
he experimental data of Yakabe et al. [10]. To the authors’ knowl-
urces 195 (2010) 4893–4904

edge, this is the first and only available direct measurement of the
concentration overpotential for SOFCs. Their conclusion was that
that DGM predicts the model results the best, especially for the
small pore diameter medium, at high current densities and low
reactant concentration. They presented the results in the table form
indicating the pore diameters only for the CO–CO2 system and not
for the H2–H2O–Ar system. However, the solution for the ternary
mixtures appears to be problematic as the presented prediction of
the models fail to accurately predict the concentration polarization
and also a detailed discussion of the results is not given for ternary
mixtures. The work of Suwawarangkul et al. [9] can be criticized
on two accounts. Firstly, for the solution of the ternary mixtures
equations for SMM and DGM, the mole fraction of Ar was assumed
constant in the solution. In fact, the change in the mole fractions
of the other species causes a change in Ar, even if Ar is an inert gas
and the its molar flux is zero at the triple phase boundary (TPB) and
through the anode and gas channel domain in the one-dimensional
solution. This point is discussed more thoroughly in this paper. Sec-
ondly, the tortuosity parameter, which is used as a fit parameter
following the work of Yakabe et al. [10] was assumed to take the
same value in all the models. In fact, since it is a fit parameter it
must be fitted to the best value for each model individually.

Tseronis et al. [11] extended the study of Suwawarangkul et al.
[9] to the two-dimensional case. They compared the SMM and DGM
for the 1D and 2D cases for the H2–H2O–Ar ternary system. Their
results were in agreement with the results of Suwawarangkul et
al. [9] and also they showed that the 2D predictions improve com-
pared with the 1D result, especially at high current densities and
low concentration regions. In their work, they again ignored the
effect of the tortuosity parameter on the results and same value of
this parameter was used as in [9]. Different from the model equa-
tions of the DGM used in Suwawarangkul et al. [9], Tseronis et al.
[11] considered the pressure gradient term in the DGM equations.

In this study, the three different multicomponent diffusion mod-
els, namely the SMM, DGM and BFM are compared in terms of their
prediction performance of concentration polarization of a SOFC
anode. In contrast to the previous work, the effect of the tortuosity
on the model comparison results is discussed. The model equations
are solved for the one-dimensional case for both the uniform and
non-uniform pressure terms in the DGM and the BFM equations.

2. Definition of the system

The experimental data of Yakabe et al. [10] has been used in this
study. The concentration polarization at 0.3, 0.7 and 1.0 A cm−2 was
measured for the H2–H2O–Ar ternary gas system and the CO–CO2
binary gas system. Fig. 1 is a schematic diagram of the anode sup-
ported SOFC system on which the experiments were performed.
For more details of the system, see [10].

In the measurements, the cell operating temperature was
maintained at 750 ◦C. In addition to the cell temperature, the
current densities were assumed to be uniform over the entire
electrolyte/anode interface. The value of �0 is the concentration
overpotential at CO/(CO + CO2) = 0.64 for CO–CO2 binary system and
at H2/(H2 + H2O + Ar) = 0.8 for H2–H2O–Ar ternary system. The cal-
culated �c is the average value over the anode–electrolyte triple
phase boundary (TPB) (see [10] for details of the experiment). The
same parameters as employed in [10] are used in this study (see
Table 1). The tortuosity factor was found by fitting the experimen-
tal data of Yakabe et al. [10] and found to be 4.5. The same value
this study. Its value is then changed and the effects are discussed
further.

In this study, following the work of Yakabe et al. [10], the 3D
system (Fig. 1) is simplified into a 1D system (Fig. 2), and the
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ig. 1. Schematic diagram of the one cell stack and the single-unit cell model for
he anode supported SOFC [10].

odel equations are solved for the anode porous medium in the
-direction, and the molar fractions calculated at the reaction site
TPB).

. Methodology

.1. Conservation equation

The molar conservation equation of species i in 1D is given by:
∂ci

∂t
− ∂(Ni)

∂z
= 0 for i = 1, 2, . . . , n mol m−3 s−1 (1)

able 1
odel parameters [10].

Parameter Value Unit

Temperature (T) 1023 K
Pressure (P) 105 Pa
Universal gas constant (R) 8.314 J mol−1 K−1

Average pore radius (r) 2.6e−06 m
Porosity (ε) 0.46 –
Anode thickness (z) 2e−03 m
Anode permability 1.7e−10 m2 Pa−1 s−1

ig. 2. Schematic diagram of the SOFC geometry used in the model development
uwanwarangkul et al. [9].
urces 195 (2010) 4893–4904 4895

where Ni is the molar flux and related to the molar diffusion flux
by [12]:

Ni = Ji + ciu = Ji + NT xi (2)

where Ni the molar flux of species i (mol m−2 s−1); Ji the molar
diffusion flux of species i (mol m−2 s−1); xi the molar fractions of

components i (–) and
N∑

i=1

xi = 1.0; NT the total molar flux of species

i (mol m−2 s−1) and
N∑

i=1

Ni = NT ; ci the molar density of species i

(mol m−3).
By inserting Eq. (2) into Eq. (1), Eq. (1) can be rewritten as fol-

lows:

∂ci

∂t
− ∂(ciu + Ji)

∂z
= 0 (3)

Eq. (3) for a steady state system, i.e. ∂ci/∂t = 0, and ignoring the
viscous term, civ, gives:

dJi
dz

= dNi

dz
= 0 (4)

In the following section, the models to solve for Ni are presented
and the solutions are discussed in detail.

3.2. Multicomponent diffusion models

3.2.1. Stefan–Maxwell model (SMM)
The steady state, isothermal multicomponent diffusion equa-

tion according to Stefan–Maxwell is given by∑
j=1
j /= i

Nixj − Njxi

Dij
= −cT∇xi i = 1, 2, . . . , n (mol m−4) (5)

where cT the total concentration of gas mixture (kg m−3); xi the
molar fractions of components i [−]; Ni the molar flux of species i
(mol m−2 s−1); Dij the binary diffusion coefficient (m2 s−1).

For ideal gases cT = P(RT), where R is the universal gas constant
(J mol−1 K−1), P is pressure (Pa) and T is temperature (K). A full
derivation of Eq. (5) can be found in any multicomponent transfer
book, for example Ref. [12], and therefore this aspect is not dis-
cussed any further. Since the sum of the mole fractions sum to 1.0
(or �xi sum to zero), the n − 1 equation is independent, and the nth
component gradient is given by [12]:

∇xn = −∇x1 − ∇x2 − · · · − ∇xn−1 (6)

In the SOFC anode, the component fluxes at the triple phase
boundary are given by:

N1 = − i

nF
; N2 = i

nF
and N3 = 0 (7)

where 1, 2 and 3 refer to H2, H2O and Ar, respectively. In steady one-
dimension, and ignoring the viscous term, Eq. (4) suggests that Ni
is constant over the anode domain and therefore the flux of each
component written above are the flux of the equations for the mod-
els. For example, for the SMM for the ternary mixture where N3 = 0,
the set of equations reduce to:

N1x2 − N2x1

D12
+ N1x3

D13
= −cT

dx1

dz
N2x1 − N1x2

D12
+ N2x3

D23
= −cT

dx2

dz

−N1x3

D13
+ −N2x3

D23
= −cT

dx3

dz

(8)
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For known boundary conditions at the inlet x1 = xbulk, and for a
onstant Ni, the solution can be found analytically.

.2.2. Dusty Gas model (DGM)
The physical picture behind the model is that of a dusty gas in

hich the dust particles constitute the porous medium. The array
f dust particles is treated as one component of the gas mixture,
onsisting of giant, heavy molecules that are motionless and uni-
ormly distributed in space. If there are any pressure gradients in
he gas, an external force must be exerted on the dust particles
o keep them motionless [13]. The governing equations were first
ritten including the dust particles, and then the terms relating to

he dust particles have been eliminated from the equations.
DGM equations are given by [14]:

Ni

De
i,Kn

+
∑
j /= i

xjNi − xiNj

De
ij

= − P

RT
∇xi − xi

RT

(
1 + BoP


De
i,Kn

)
∇P (9)

At a uniform pressure, the DGM equations are solved using the
pproach described above for SMM. At a non-uniform pressure, we
ollow the same approach as Zhu and Kee [15]. By summing the
quation over the n components, the second term on the left hand
ide of Eq. (9) vanishes and the first term on the right hand side of
q. (9) is equal to zero since ∇ (∑

xi

)
= 0 and we obtain:

∇P =
∑ Ni

De
i

1
RT + ∑ xi

RT
BoP


De
i,Kn

(10)

If Eq. (10) is inserted into Eq. (9), we obtain:

Ni

De
i

+
∑
j /= i

xjNi−xiNj

De
ij

= − P

RT
∇xi+

xi

RT

(
1+ BoP


De
i,Kn

) ∑ Ni
De

i

1
RT +

∑ xi
RT

BoP

De

i,Kn

(11)

If the equations are written for ternary mixtures, the following
nal equations for each species are obtained:

x1 = −RT

P

⎛
⎝N1

De
1

+ x2N1 − x1N2

De
12

+ x3N1 − x1N3

De
13

− x1

RT

(
1 + BoP


De
1,K

x2 = −RT

P

⎛
⎝ N2

De
2,Kn

+ x1N2 − x2N1

De
21

+ x3N2 − x2N3

De
23

− x2

RT

(
1 + Bo


D

The solutions for x1 and x2 at the TPB were obtained with the
iven boundary conditions for x1 and x2 at the inlet (bulk) and
nown N1 and N2 (Eq. (9)). The final component, x3, was calculated
y using Eq. (6). The solutions were obtained using MATLAB.

.2.3. Binary Friction model (BFM)
The final set of equations for the general n-component in 1D is

iven by [16]:

dPi

dz
= �2

ε

[∑
RT

Nixj − Njxi

Dij
+ f BFM

im RTNi

]
(14)
here f BFM
im

the wall friction coefficient of the BFM and defined as
ollows:

BFM
im =

(
DK

i + Kp

�i

)−1

(15)
urces 195 (2010) 4893–4904

N1
De

1,Kn
+ N2

De
2,Kn

+ N3
De

3,Kn

1
RT + x1

RT
BoP


De
1,Kn

+ x2
RT

BoP

De

2,Kn
+ x3

RT
BoP


De
3,Kn

⎞
⎠

⎞
⎠ (12)

⎛
⎝

N1
De

1,Kn
+ N2

De
2,Kn

+ N3
De

3,Kn

1
RT + x1

RT
BoP


De
1,Kn

+ x2
RT

BoP

De

2,Kn
+ x3

RT
BoP


De
3,Kn

⎞
⎠

⎞
⎠ (13)

where Kp the channel permeability (m2); �i the coefficient as a
function of the partial viscosity and partial pressure (s)

DK
i = 0.89 · Di,Kn

where DK
o the Knudsen diffusion coefficient. The calculation is

described in the following subsection.

�i = �i

xip
= 1

p

�o
i

n∑
j=1

xjεij

(s) (16)

where

�i = xi�
o
i∑n

j=1xjεij

(17)

and

εij =

[
1 + (�0

i
/�0

j
)
1/2(

Mw,j/Mw,i

)1/4
]2

[
8(1 + Mw,i/Mw,j)

]1/2
(18)

�0
i

the pure-component viscosities of the components at the pre-
vailing temperature.

It should be noted that the tortuosity and porosity terms are
added following the approach of Epstein [17]. This states that
instead of multiplying the binary diffusion coefficient by ε/� in the
SMM and DGM, the flux, N is multiplied by �2/ε. In fact, at uni-
form pressure, for the BFM, this means the multiplication of the
binary diffusion coefficient with ε/�2. Hence � in the DGM and SMM
corresponds to �2 in the BFM. For further details, see [17].

Eq. (14) can be written as follows:

−xi
dP

dz
− P

dxi

dz
= �2

ε

[∑
RT

Nixj − Njxi

Dij
+ f BFM

im RTNi

]
(19)

Since the derivation of the BFM starts from defining the flux
equations for a capillary and transferring it to the porous medium,
Ni is defined as the average flux term over the radius of the capillary.

When Eq. (19) is written and added for each species i, the SMM
term (first term on the right hand side of Eq. (19)) cancel out:

−dP

dz
= �2

ε

[∑
f BFM
im RTNi

]
(20)

If Eq. (20) is inserted into Eq. (19), we obtain:

dxi

dz
= − 1

P

[
�2

ε

[∑
RT

Nixj − Njxi

Dij
+ f BFM

im RTNi

]
+ xi

dP

dz

]
(21)

The solution procedure for the BFM at the uniform and the non-
uniform pressure is the same as that described in the preceding
section for the DGM.
3.2.4. Calculation of the concentration polarization
Concentration polarization is the loss of the cell voltage due

to the limitations associated with the diffusion of the reactants
to the reaction site, i.e. electrode–electrolyte–reactant triple phase
boundary (TPB). After calculation of the mole concentrations of the
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pecies at the TPB using any of the models described above, the
oncentration polarization is calculated accordingly [1]:

conc = −RT

2F
ln

(
PH2,TPBPH2O,bulk

PH2,bulkPH2O,TPB

)
(22)

here Pi,TPB and Pi,bulk are the partial pressures of the species i at
he TPB and the bulk, respectively, and is the multiplication of mole
raction of the species i by pressure: Pi = xi·P.

.3. Comparison of the models

In general, the SMM can be applied to multicomponent diffusion
roblems. However, the SMM does not take the Knudsen diffusion
erm into account for the pore size effect. The DGM is computation-
lly more demanding than the SMM. The flux ratio is determined
sing the Graham law of diffusion in gaseous mixtures. The BFM
as derived to predict the multicomponent diffusion flux in the

ransition region after defining the erroneous terms in the deriva-
ion of DGM. However, it is computationally more demanding than
GM. Moreover, the final set of equations does not satisfy the Gra-
am law for diffusion at zero pressure gradients.

If the models above are evaluated in terms of the performance in
he prediction of species transport in the porous electrodes of fuel
ells, the models which take into account the effect of the molecule
all collision are expected to give a better performance, since the
all–molecule interactions play an important role in the diffusion
rocesses that occur in the small pores of porous electrodes of the
uel cell. The DGM and BFM take into account this phenomenon.
owever, in contrast to DGM, BFM takes into account the diffu-

ion slip phenomena. The model equations of the BFM have been
ormulated first for a capillary tube, and for the porous medium,
he parameters ε and � parameters are introduced. The DGM and
MM absorb the ε/� term into the diffusivities while the BFM has
ollowed the work of Epstein [15], and inserted the �2/ε term into
he flux. If the models are evaluated in terms of their computational
ase, then SMM appears to be the simplest approach, whereas more
omputational effort is required to solve DGM and even more for
he BFM. The closure equation of SMM is that the total flux is zero

i.e.
∑

i

Ni = 0). However DGM satisfies the Graham Law at uniform

ressure and the BFM does not satisfy either the Graham law or the
otal zero flux condition.

.4. Model assumptions

The assumptions of the model are consistent with those of
uwawarangkul et al. [9], except that in this study both the uni-
orm and non-uniform model equations are used. They are listed as
ollows:

Ideal gas assumption which is accurate at low pressures and high
temperatures when the density is low.
Isothermal system.
Species concentrations were assumed constant along the gas
channel and hence only the porous gas diffusion layer was con-
sidered in the 1D analysis (see also [9]).
Steady state analysis.
The electrochemical reactions are assumed to take place only at
the anode–electrolyte interface.
.5. Model parameters

The model parameters are those as used in the experimental
ork of Yakabe et al. [10] and are given in Table 1.
urces 195 (2010) 4893–4904 4897

The tortuosity is a fit parameter and in this study it was ini-
tially set to be 4.5 as this was the value used in the previous
studies, see [9–11]. The effect of this parameter is discussed in the
subsequent sections. The estimation of the diffusion coefficients,
pure-component and mixture viscosity and permeability are dis-
cussed in the following section.

3.6. Parameter estimation

3.6.1. Binary diffusion coefficient
In this study, binary diffusion coefficients are calculated using

the Fuller et al. theory [12]:

D12 = CT1.75

√{
(M1 + M2)/M1M2

}
P
{

3
√

V1 + 3
√

V2

}2
(23)

where D12 the binary diffusion coefficient (m2 s−1); C the constant
[1.03 × 10−2]; T the temperature (K); P the pressure (Pa); M1 and
M2 the molar weight (g mol−1); V1 and V2 the molecular diffusion
volumes [−]; the Vi value is obtained from [12], Table 4.1.

The effective diffusion coefficient in the SMM and DGM is cal-
culated by introducing the porosity (ε) over tortuosity (�) term as
follows:

Dij,eff = ε

�
Dij (24)

3.6.2. Knudsen diffusion coefficient
From kinetic theory, the Knudsen diffusion coefficient, Di,Kn is

given by [18]:

Di,Kn = 2
3

r

√
8RgT

�Mi
(25)

where Di,Kn the Knudsen diffusion coefficient (m2 s−1); r the mean
pore radius (m); Mi the molar weight (kg mol−1).

The calculated diffusion coefficients for the given temperature,
pore diameter and species in this study are DH2,Kn = 0.0057 m2 s−1,
DH2O,Kn = 0.0019 m2 s−1, and DAr,Kn = 0.0013 m2 s−1.

3.6.3. Permeability (Bo)
The permeability of the anode was measured in Yakabe et al.

[10] and it is given by 1.7e−10 m2 Pa−1 s−1. It is stated that this
value was measured using N2 gas at room temperature. To cal-
culate the intrinsic permability with units of m2, the measured
value must be calculated using the pure-component viscosity of
N2 (�0

N2
) at 298 K. From the Chapman–Enskog equations described

in detail in Section 3.6.4, �N2 = 1.7393e − 05 at 293 K. Hence
Bo = 1.7e − 10 × 1.7393e−05 = 2.96e−15 m2. It should be noted that,
in Tseronis et al. [11], the value of Bo is set to be 1.98e−10 m2, but
no reasons for this choice is given.

3.6.4. Pure-component viscosity and mixture viscosity
For the calculation of pure-component viscosity, �0, the first-

order Chapman–Enskog theory is used in this study and the
viscosity can be written as follows [18]:

�0
i = 26.69(MiT)1/2

�2˝v
(26)

where �0
i

the pure-component viscosity of component i (
P); Mi the

molecular weight of component i (g mol−1); T the temperature (K);
� the hard sphere diameter (A0); �v the temperature dependent
collision integral.

To use this relation to estimate the viscosities, the collision
diameter � and the collision integral �v must be determined.
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Table 2
Calculated viscosities of different gas components at different temperatures.

Substance T (K) Calculated �0(Pa s)

CO 1023 4.7630e−05
CO2 1023 3.9761e−05
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Hence the only difference between the BFM and DGM predictions
is in the 0.89 · DK

i
term.

As was emphasized previously, the solutions have been obtained
by setting the tortusoity to a value of 4.5 in all the models. The
Ar 1023 5.2899e−05
H2 1023 1.9846e−05
H2O 1023 3.6614e−05
N2 293 1.7393e−05

eufeld et al. [19] proposed an empirical equation which is con-
enient for computer application [18]:

v =
[
A(T∗)−B

]
+ C [exp(−DT∗)] + E [exp(−FT∗)] (27)

here T* = kT/ε, A = 1.16145, B = 0.14874, C = 0.52487, D = 0.77320,
= 2.16178 and F = 2.43787.

The calculated viscosities of the components at the correspond-
ng temperatures are presented in Table 2.

Then the mixture viscosity was calculated using the Wilke for-
ula [18]:

i = xi�
o
i∑n

j=1xjεij

(28)

ij =

[
1 + (�0

i
/�0

j
)
1/2(

Mw,j/Mw,i

)1/4
]2

[
8(1 + Mw,i/Mw,j)

]1/2
(29)

0
i

the pure-component viscosities of the components, at the pre-
ailing temperature.

. Results and discussion

.1. Results at uniform pressure

In Fig. 3(a) and (b), the predictions of the DGM, SMM and BFM are
resented for the CO–CO2 and H2–H2O–Ar systems, respectively.
0 is the concentration polarization where H2/(H2 + H2O + Ar) = 0.8
nd CO/(CO + CO2) = 0.64. As expected, a decrease in the concen-
ration leads to an increase in the concentration polarization at all
urrent densities due to the reactant concentration deficiencies at
he TPB sites where the reactions take place. On the other hand,
s the current densities increase, the concentration polarization
ncreases proportionally. Again this is the result of the high reactant
onsumption at the reaction site associated with the high current
ensity withdrawal. In general, it is observed that the concentra-
ion polarization of the CO–CO2 is higher than that of H2–H2O–Ar.
his is due to the higher binary diffusion coefficient of CO–CO2.
herefore the limiting current density of the cell using CO–CO2 is
uch smaller than that of the H2–H2O–Ar system. The tortuosity
as kept constant at a value of 4.5 for all the cases considered here.

t should be noted that, as explained in the previous section, the
ortuosity factor (�2) for the BFM corresponds to the tortusoity (�)
f the DGM and SMM. What is observed in the results is that for the
O–CO2 system, in all the three models, the DGM predictions are
est while the SMM is the worst, especially at high current densi-
ies and low reactant concentrations. For the H2–H2O–Ar system,
he DGM and BFM results are quite similar, while their predictions
re slightly better than the SMM prediction for the experimental
ata when the same tortuosity parameter (4.5) is used for all the
odels. These results are different from those presented by Suwar-

arangkul et al. [9], especially for the ternary mixtures (see Fig. 3

n [9]). This is most probably due to the assumed constant Ar com-
onent which was discussed in the previous sections. On the other
and, the results are comparatively more similar with the 1D solu-
ion of Tseronis et al. [11]. The slight differences may be due to the
urces 195 (2010) 4893–4904

numerical solver as well as the differences in the permeability and
the viscosity parameters used. In this study, the mixture viscosity
was calculated using the Wilke formula and this value is depen-
dent on the species mole fractions and for the permeability of the
medium the experimental data of Yakabe et al. [10] was used. In
Tseronis et al. [11], however, no explanation was given for choice
of the values of the viscosity and permeability which were taken to
be 2.01e−05 and 1.98e−10, respectively.

At the current density 0.1 A cm−2, the SMM, DGM and BFM fit
the experimental data quite well. As the current density increases
to 0.3 A cm−2, the DGM produces a better prediction than does the
SMM and BFM. At 0.5 A cm−2, all the models fail to give an accurate
prediction. In general, between these three models, DGM gives a
better prediction than does SMM and BFM at all the current densi-
ties for the set of parameters used in this particular system. On the
other hand, at � = 4.5, BFM gives the worst prediction of all three
models for the CO–CO2 system. The BFM and DGM results are simi-
lar for the H2–H2O–Ar system. The difference between the BFM and
DGM results is in the wall friction coefficient term, f BFM

im
in the BFM.

This term, which is given by f BFM
im

=
(

0.89 · Di,Kn + Kp/�i

)−1
, corre-

sponds to (Di,Kn)−1 in the DGM. The calculations in this study show
that Kp/�i are relatively smaller compared to the values of 0.89 · DK .
Fig. 3. DGM, SMM and BFM predictions for (a) CO–CO2 system at 0.1, 0.3 and
0.5 A cm−2 and (b) H2–H2O–Ar system at 0.3, 0.7 and 1.0 A cm−2 and comparison
with the experimental data (� is 4.5 in DGM and SMM, and �2 is 4.5 in the BFM).



er Sources 195 (2010) 4893–4904 4899

h
e
fi

t
i
t
m
o
v
t
a

s
c
a
i
r
t
t
o
c
t
t
t
a

F
0
w

Table 3
Tortuosity fitted values for the SMM, DGM and the BFM for CO–CO2 and H2–H2O–Ar
systems.
Y. Vural et al. / Journal of Pow

istory of setting this parameter to that value dates back to Yakabe
t al. [10], where it is clearly stated that the tortuosity is used as a
t parameter.

Fig. 4(a) and (b) represents the results obtained when using
he SMM, DGM and the BFM with a fitted value for the tortuos-
ty parameter for the same case as that considered in Fig. 3. The
ortuosity parameter was fitted by trial and error for all the three

odels. By the fitted tortuosity parameter it is meant that the value
f � in the DGM and SMM and �2 in the BFM equations. The fitted
alues for the models are shown in Table 2. It is noted that the fitted
ortuosity parameter for the BFM is higher than that for the SMM
nd DGM and this is mainly due to the effect of the multiplier 0.89.

It is observed in Fig. 4 (a) and (b) that all the model curves are
hifted to the right when tortusoity increases. This means that the
oncentration polarization increases as the tortuosity increases at
ll current density values. This is due to the fact that an increase
n the tortuosity obstructs the passage of the gas molecules, which
esults in a decrease in the concentration of the gas molecules at
he TPB where the reactions take place. As a result, the concen-
ration polarization increases and this leads to a decrease in the
perational voltage. Similarly, when the tortuosity decreases, the
oncentration polarization increases and the curves are shifted to

he left. Also it can be seen in the figures that at high current densi-
ies and low concentrations, the same increase in tortuosity leads
o a larger shift of the curves compared to low current densities
nd high concentration regions. This shows that the effect of the

ig. 4. DGM, SMM and BFM predictions for (a) CO–CO2 system at 0.1, 0.3 and
.5 A cm−2 and (b) H2–H2O–Ar system at 0.3, 0.7 and 1.0 A cm−2, and comparison
ith the experimental data with fitted tortuosity values for each model.
System SMM DGM BFM

CO–CO2 4.79 4.5 5.49
H2–H2O–Ar 5.0 4.5 5.29

change in tortuosity is more severe, especially when the current
density is high and the concentration is low, i.e. when the concen-
tration polarization is high compared with the low current density
and high concentration.

The results presented in this section show that when the tor-
tuosity parameter is fitted for each model, similar predictions of
the concentration polarization prediction of the SMM, DGM and
the BFM were obtained for the system investigated in this study. In
fact, the SMM does not take into account the Knudsen diffusion, and
it is clearly seen in the SMM equations that there is no term which is
a function of the pore diameter. However, for the SMM, the results
presented here show that the effect of the Knudsen diffusion can be
compensated for by fitting the tortuosity factor. It is postulated that
this is the main weakness of the study of Suwawarangskul et al. [9]
and Tseronis et al. [11], where a single tortuosity factor is used for
each model and comparisons have been performed accordingly.

It must be noted that according to the opinion of the authors, the
reason for the poor results at high current density is that solutions
were solved in only one dimension. The solution in 2D or 3D is
expected to predict even more accurate results at the high current
densities where the reactant concentration varies not only along
the anode thickness but also along the anode length due to the
high consumption of the reactants. In fact, the results of Tseronis
et al. [11] also show that the model predictions improve for two-
dimensional solutions, especially at high current densities and low
concentrations (Table 3).

As has been discussed previously in Suwawarangkul et al. [9],
the pore diameter and current density are two important factors
and as the current density increases and the pore radius decreases,
concentration polarization becomes dominant as the passage of the
gases to the active reaction sites, i.e. TPB becomes more difficult.
In fact, when the pore diameter is reduced, the Knudsen diffusion
term becomes more dominant. Therefore, to investigate the extent
of the validation of the results, we now extend the boundaries of
the current density and the pore diameter to decide whether the
model predictions are similar for a wide range of current densities
and pore radii. The pore radius was decreased from 2.6e−06, to
1.6e−06, and then to 2.7e−07 with the range of current density
being chosen to be 0.05, 1, and 1.5 A cm−2.

4.1.1. Effect of pore radius
The pore radius is one of the most important parameters that

affect the diffusion in fuel cells. Theoretically, this term is accounted
for in the calculation of the Knudsen diffusion coefficient in the
DGM and the BFM. In contrast, there is no term in the SMM that
considers the effect of the pore radius, which means the change of
the pore radius does not affect the results obtained when using the
SMM.

In this section, for convenience in the presentation of the results,
first the DGM is compared with that of the SMM with the experi-
mental data with different pore sizes and then the BFM and DGM
comparison is presented.
4.1.1.1. The SMM vs DGM. In Fig. 5, the concentration polarization
results obtained using the SMM and DGM for the H2/(H2 + H2O + Ar)
system at 1 A cm−2 are presented for the initial tortuosity param-
eter of 4.5 on the left hand side of the figure and the optimized
tortuosity parameter on the right hand side of the figure. From
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ig. 5. The �conc − �0 predictions of the SMM and the DGM for the H2/(H2 + H2O + A
espectively and � = 4.5 and (b), (d) and (f) same system for the optimized tortuosit

op to bottom, the average pore radius decreases from 2.6e−06 to
.6e−06 and 2.6e−07 m. The highest current density of the exper-

ment, which is 1 A cm−2 was selected and maintained for all the
ases investigated during this analysis in order to make the analysis
n the most extreme situation. In fact when the pore diameter was
ecreased further to 2.6e−08, we observed that the concentration
olarization goes to infinity as there is no H2 at the reaction TPB
ite.
It is observed that as the pore size decreases, the difference
etween the results obtained using SMM and DGM increases, a
esult which is in agreement with the theory. The flux equations
f the SMM is independent of the pore radius, hence there is no
hange in the prediction of the SMM with the pore radius. On the
tem at 1 A cm−2; (a), (c) and (e) for pore diameters 2.6e−06, 1.6e−06 and 2.6e−07,
meters which are 5.0, 5.4, 10, respectively.

other hand, when the pore diameter increases, the Knudsen term
of the DGM becomes more significant. These are the initial results
that we obtained with the tortuosity parameter set at a value of
4.5. On the right hand side of the figure, the results are presented
when the tortusoity parameter is fitted for each model separately.
The tortuosity for the DGM was kept constant at a value of 4.5 and
the SMM was increased to 5.0, 5.4 and 10. The results show that
the difference between the DGM and SMM in predicting the con-

centration polarization can be compensated for by increasing the
tortuosity factor as high as twice the value as set for the DGM.

At an average pore radius 2.6e−06, the SMM produces quite
similar results to the DGM, especially at high mole fractions of
H2. Only when the mole fraction is smaller than about 0.2 does a
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ig. 6. The �conc − �0 predictions of the SMM and the DGM for the H2/(H2 + H2O + A
nd 2.6e−07, respectively and � = 4.5 and (b), (d) and (f) same system for the optim

mall discrepancy between the models appear. When the tortuosity
arameter was modified for the SMM to be 5.4, the SMM and DGM
esults match quite well. It is observed that at small pore diameters,
he larger discrepancy between the SMM and DGM can be com-
ensated by setting the tortuosity to a higher value and it is found
hat a value of 5.4 and 10 for pore diameters 1.6e−06 and 2.6e−07,
espectively, gives quite similar predictions for the concentration
olarization.

As stated in the study of Suwawarangkul et al. [9], the current
ensity also has an important effect on the concentration polariza-
ion. That is when the current density increases, the concentration

t the TPB decreases. In Fig. 6, the results are presented for each
verage pore radius as in Fig. 5, but for a wide range of current den-
ities, namely 0.05, 1, and 1.5 A cm−2. The results show that, even at
he small pore radius, there is still a probability that the SMM pro-
uces comparatively similar results to those obtained when using
tem at 0.05, 1, and 1.5 A cm−2; (a), (c) and (e) for pore diameters 2.6e−06, 1.6e−06
rtuosity parameters which are 5.0, 5.4, 10, respectively.

the DGM by fitting the tortuosity parameter. As the pore radius
decreases, and the current density increases, then the tortuosity
parameter fitted for the SMM increases. Overall, for the pore diam-
eter as small as 2.6e−07 and current density as large as 1.5 A cm−2,
comparatively similar agreement can be obtained for both the SMM
and the DGM for the calculation of the concentration polarization.
This result contradicts the conclusion of the previous research work
by Suwawarangkul et al. [9] and Tseronis et al. [11].

4.1.1.2. The DGM vs BFM. In Fig. 7(a) and (b), �conc − �0 predictions
of the DGM and BFM for the H2/(H2 + H2O + Ar) system at 0.05, 1,

and 1.5 A cm−2, pore diameters 2.6e−06 and 2.6e−07, respectively
� = 4.5. In Fig. 7(b) and (d) the results for the optimized tortuosity
parameters were presented.

In modeling the transport in porous medium at a uniform pres-
sure, the theoretical difference between the DGM and the BFM
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ig. 7. The �conc − �0 predictions of the DGM and the BFM for the H2/(H2 + H2O + A
espectively and � = 4.5 and (b and d) for the optimized tortuosity parameters.

s in the term called the wall friction coefficient, namely f BFM
im

=
0.89 · Di,Kn + Kp/�i

)−1
. The results indicate that, Kp/�i is very small

ompared to the 0.89DK
i

value and that is be the reason for the simi-
ar predictions of the DGM and the BFM. The results are quite similar
specially at small pore diameters and fitted tortuosity parameters,
ee Fig. 7(b) and (d).

.1.1.3. Results at a non-uniform pressure (effect of the partial pres-
ures in the DGM and the BFM). In the previous sections, calculations
ave been performed by excluding the pressure gradient in the
GM and BFM equations. This is because this term has a negli-
ible effect when diffusion is the dominating mechanism, as in
he case under investigation. In fact, in the literature, Ni et al.
20] have shown that the inclusion of this term improves the pre-
ictions of the fuel cell performance. Also one of the differences
etween the work of Suwararangkul et al. [9] and Tsenoris et al.
11] is that this term was included in the latter. In this section,
he effect of the inclusion of this term on the predictions of DGM
nd the BFM in the 1D analysis are presented by calculating the
redictions using Eqs. (11) and (14) for the DGM and the BFM,
espectively.

In Fig. 8(a) and (b), �conc − �0 predictions obtained from the
GM and BFM, respectively, both with (labelled as 1) and with-
ut (labelled as 2) the additional pressure gradient term for the
2/(H2 + H2O + Ar) system at 0.3, 0.7, and 1 A cm−2 and with an aver-
ge pore radius 2.6e−06. It is observed from the figure that inclusion

f the partial pressure term, both in the DGM and BFM, produces
negligible effect on the results. This shows that the contribution
f the additional pressure gradient term is negligibly small com-
ared to the other terms and can, in general, be neglected in the
nalysis.
tem at 0.05, 1, and 1.5 A cm−2; (a and c) for pore diameters 2.6e−06 and 2.6e−07,

4.2. Further remarks and discussions on the tortuosity

Tortuosity is, in its broadest sense, the ratio of the actual path
that a particle follows due the tortuous nature of the medium over
the length of the medium, and by definition it is always greater
than 1.0. In other words, due to the tortuous nature of the medium,
the path that is travelled by a particle increases and this means
a decrease in the flux. Simply this effect is taken into account by
introducing the porosity, ε and the tortuosity, � term. In a porous
medium, the diffusion coefficient is usually multiplied by the factor
ε/�, which is then called the “effective” diffusion coefficient. On the
other hand, Epstein [17] states that the diffusivity of a species in
porous medium should be obtained by multiplication of flux of the
species by the factor �2/ε, where �2 is referred to as the tortuosity
factor.

In fact, the measurement of tortuosity is not as straightforward
as that of the porosity. In the fuel cell literature, there is a debate
on the range of values that the tortuosity parameter may take for
the SOFC anode. Williford et al. [21] criticize the use of the tortu-
osity parameters as high as 10–17 and they found it to be in the
range 2.0 and 3.0 for an anode supported SOFC anode. This range
of values was obtained from the experimental data that they had
collected using Stefan–Maxwell formalism. However, details of the
experimentation and data analysis were not described thoroughly
in the paper. Further, they noted that, depending on whether the
Knudsen diffusion is taken into consideration or not, its value might
vary between 2.0 and 6.0. In Jiang and Virkar [22], for different gas

compositions and limiting current densities, the tortuosity varies
between 5.0 and 9.0.

In fact, as stated in [21], accounting for Knudsen diffusion or not
can result in different values of the tortuosity. Failure to properly
account for the Knudsen effect can result in fitted tortuosities that
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Fig. 8. �conc − �0 predictions of the (a) DGM and (b) BFM with and with-
o
f
2

a
i
t
a
i
4
H
t
t
u
i
d
g
a
t
d

5

h
c

•

[

[

[

[

ut the additional pressure gradient term, labelled as (1) and (2), respectively
or the H2/(H2 + H2O + Ar) system at 0.3, 0.7, and 1 A cm−2; for pore diameters
.6e−06.

re about a factor two higher than the ones that take this effect
nto account [21]. However, Cussler [23] also states that it is hard
o justify the measured quantities using geometrical arguments
lone and the main advantage of using this factor is its simplic-
ty. In fact, in this study the fitted tortuosity is in the range of
.5–10 and thus these values are comparable to previous studies.
owever, it must be noted that the fluctuations in the definition of

his parameter indicates that in addition to its physical meaning,
he tortuosity is a convenient fit parameter used to overcome the
ncertainties associated with the diffusion models. For example,

n the models investigated in this study, the effect of the pore size
istribution that might have an important effect in highly hetero-
eneous medium is not considered. Further, the surface diffusion
nd adsorption have been ignored and this has been mainly due
o the complexity of including them and insufficient accuracy in
efining these phenomena.

. Conclusions

In this study, the performance of the SMM, DGM and the BFM
as been compared in terms of their prediction capabilities of the
oncentration polarization in the anode of a SOFC fuel cell.
Based on this study, we can conclude as follows:

Apart from the pore diameter and the current density, the tor-
tuosity (or porosity/tortuosity) has a substantial effect on the
predictions of concentration polarizations. Even at very high cur-

[

[
[
[

urces 195 (2010) 4893–4904 4903

rent densities (1.5 A cm−2) and small pore radius (2.7e−07), for
the fitted tortuosity parameter, the SMM, DGM and BFM predic-
tions are similar, and this contradicts some of the previous studies
reported in the fuel cell literature. The results show that the SMM
provides a quite similar prediction of the concentration polar-
ization (in fact at least as accurate as the DGM) with the fitted
tortuosity values so it may be preferred over the DGM when con-
sidering the comparative computational ease in comparison to
the DGM.

• The effect of the partial pressure has been investigated and it is
concluded that the pressure gradient term in the DGM and the
BFM have a very small effect on the concentration polarization
predictions for the conditions investigated and hence does not
need to be included in this study.

• The importance of model validation against experimental data
over a wide range of conditions is demonstrated. The model
appears to give a good fit in the range of the experimental operat-
ing conditions investigated but might not be appropriate at other
conditions due to the empirical parameters found by fitting the
model to the experimental data. Therefore the models must be
validated for a large range of operating conditions before being
used as a prediction tool.

• None of the 1D model gives good predictions of concentration
polarization at high current densities and low fuel concentrations.
The solution in 2D or 3D is expected to predict even more accurate
results at high current densities where the reactant concentra-
tion varies not only along the anode thickness but also along
the anode length due to the high consumption of the reactants
and this will be investigated in the future. Also in the future, this
work will be extended for the verification of the results obtained
through comparison of the models’ predictions for different cases,
e.g. different fuel inlet configurations and different types of fuel
cells.

Acknowledgments

Ms Vural, would like to acknowledge the European Union, Euro-
pean Research Commission, that is fully supporting the research
work through the award of a Marie Curie EST Research Fellowship
in the Centre for Computational Fluid Dynamics at the University
of Leeds.

References

[1] S.C. Singhal, K. Kendall, High Temperature Solid Oxide Fuel Cells: Fundamentals,
Design and Applications, Elsevier, New York, 2003.

[2] R.B. Evans, G.M. Watson, E.A. Mason, J. Chem. Phys. 35 (1961) 2076–
2083.

[3] A.S. Joshi, A.A. Peracchio, K.N. Grew, K.S. Chiu, J. Phys. D: Appl. Phys. 40 (2007)
7593–7600.

[4] B.A. Haberman, J.B. Young, J. Fuel Cell Sci. Tech. 3 (2006) 312–321.
[5] P.J.A.M. Kerkhof, Chem. Eng. J. 64 (1996) 319–343.
[6] H.A. Kramers, J. Kistemaker, Physica 10 (1943) 699–713.
[7] J.B. Young, B. Todd, Int. J. Heat Mass Transfer 48 (2005) 5338–5353.
[8] J. Fimrite, B. Carnes, H. Structrup, N. Djilali, J. Electrochem. Soc. 152 (2005)

A1815–A1823.
[9] R. Suwanwarangkul, E. Croiset, M.W. Fowler, P.L. Douglas, E. Entchev, M.A.

Douglas, J. Power Sources 122 (2003) 9–18.
10] H. Yakabe, M. Hishinuma, M. Uratani, Y. Matsuzaki, I. Yasuda, J. Power Sources

(2000) 423–431.
11] K. Tseronis, I.K. Kookos, C. Theodoropoulos, Chem. Eng. Sci. 63 (2008)

5626–5638.
12] R. Taylor, R. Krishna, Multicomponent Mass Transfer, Wiley, New York,

1993.
13] E.A. Mason, A.P. Malianuskas, Gas Transport in Porous Media: The Dusty Gas
Model, Elsevier, Amsterdam, 1983.
14] R. Jackson, Transport in Porous Catalysts, Elsevier, Amsterdam, 1977 (Chapter

5, p. 35).
15] H. Zhu, R.J. Kee, J. Power Sources 117 (2003) 61–74.
16] P.J.A.M. Kerkhof, M.A.M. Goebers, Chem. Eng. Sci. 60 (2005) 3129–3167.
17] N. Epstein, Chem. Eng. Sci. 44 (1989) 777–779.



4 er So

[

[
[

904 Y. Vural et al. / Journal of Pow
18] B.E. Poling, J.M. Prausnitz, J.P. O’Connell, The Properties of Gases and Liquids,
5th ed., McGraw-Hill, New York, 2000.

19] P.D. Neufeld, A.R. Janzen, R.A. Aziz, J. Chem. Phys. 57 (1972) 1100.
20] M. Ni, D.Y.C. Leung, M.K.H. Leung, J. Power Sources 183 (2008) 668–

673.

[

[
[

urces 195 (2010) 4893–4904
21] R.E. Williford, L.A. Chick, G.D. Maupin, S.P. Simner, J.W. Stevenson, J. Elec-
trochem. Soc. 150 (2003) A1067–A1072.

22] Y. Jiang, A.V. Virkar, J. Electrochem. Soc. 150 (2003) A942–A951.
23] E. Cussler, Diffusion: Mass Transfer in Fluid Systems, third ed., Cambridge Uni-

versity Press, 2009.


	Comparison of the multicomponent mass transfer models for the prediction of the concentration overpotential for solid oxid...
	Introduction
	Definition of the system
	Methodology
	Conservation equation
	Multicomponent diffusion models
	Stefan–Maxwell model (SMM)
	Dusty Gas model (DGM)
	Binary Friction model (BFM)
	Calculation of the concentration polarization

	Comparison of the models
	Model assumptions
	Model parameters
	Parameter estimation
	Binary diffusion coefficient
	Knudsen diffusion coefficient
	Permeability (Bo)
	Pure-component viscosity and mixture viscosity


	Results and discussion
	Results at uniform pressure
	Effect of pore radius
	The SMM vs DGM
	The DGM vs BFM
	Results at a non-uniform pressure (effect of the partial pressures in the DGM and the BFM)


	Further remarks and discussions on the tortuosity

	Conclusions
	Acknowledgments
	References


